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x2 6x10	as	 (x 3)2 1	to	reveal	its	minimum	value).	
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Because	of	their	different	choices	of	base	cases,	they	come	up	with	different	functions	

































f (5)  f (4)5. 	Using	this	concrete	example,	students	are	able	to	derive	a	general	equation:	
f (n)  f (n1)5.	
To	make	sense	of	this	recursive	rule,	Mr.	Hart	points	out	that	the	equation	





Here,	a	student	interrupts	and	proposes	a	closed‐form	rule:	 f (n)  5n3.	There	are	
now	two	ways	to	describe	the	function	at	hand,	namely	the	(still	incomplete)	recursive	rule	






Mr.	Hart	returns	to	the	equation	written	on	the	board	(i.e.,	 f (n)  f (n1)5)	and	
says,	“But	still,	this—this	rule	almost	tells	me	the	whole	table,	but	it	doesn’t	quite	because	









3 if n  0,
























































T:	 We’re	stating	that	6r  2 	will	be	equal	to	12 r.	And	they’re	asking,	“Is	 r  2 	a	
solution?”	So	you	got	to	test	it	out,	just	as	I	asked	you	to	test	out	that	one	that	we	
just	did.	So	6r  2 12 r. 	Substitute	in	 r  2.	So	6	times	2 	plus	2—does	that	have	
the	same	value	as	12	plus	2?		And	we	have	to	test.	All	right?	We’re	asking	ourselves	
the	question	of,	does	this	equal	that?	[Points	to	each	side	of	the	equation.]	OK?		
Then	Ms.	Graham	leads	the	class	through	the	process	of	substituting	 r  2 	into	the	






























































































equation	3x  2y 12, 	using	the	word	“works”	as	a	substitute	for	“satisfies	the	equation.”	
He	uses	the	phrases	“works”	and	“doesn’t	work”	repeatedly.	He	then	hands	out	a	worksheet	
for	investigation	that	includes	the	problems:		
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